In this article, we discuss the approximate method of solving the Riemann-Hilbert boundary value problem for nonlinear uniformly elliptic complex equation of first order
Formulation of Elliptic Equations and Boundary Value Problem
under certain conditions (see [3] ). Suppose that the complex Equation ( 
where
2) The above functions are continuous in w   for almost every point ,
in which is a non-negative constant. 
in which are unknown real constants to be determined appropriately. In addition, we may assume that the solution
w z satisfies the following side conditions (point conditions) 
, ,
is a univalent analytic function, which conformally maps
-connected circular domain , and
is an analytic function in . We can verify that satisfy the estimates (2.2) and (2.3). Moreover noting that is a homeomorphic solution of the Beltrami complex Equation (2.7), which maps the circular domain onto the circular domain with the condition and
in accordance with the result in Lemma 2.1, Chapter 2, [3] , we see that the estimate (2.4) is true.
L     
Now, we derive a priori estimates of solutions for Problem 1 
where  
of Problem satisfies the estimate 
There is no harm   in assuming that Obviously 1, 1, 2, .
satisfies the boundary conditions
Applying the Schwarz formula, the Cauchy formula and the method of symmetric extension (see Theorem 1.4, Chapter 1, [3] ), the estimates 
On the basis of the uniqueness theorem (see Theorem 2.4), we conclude that
This contradiction proves that (2.16) holds. Afterwards using the method which leads from 
where are as stated in Theorem 2.2,
from Theorem 2.4, it follows that . If it is easy to see that
and according to the proof of Theorem 2.2, we have
, .
From the above estimates, it immediately follows that (2.22) holds.
Next, we prove the uniqueness of solutions of Problem 
According to the representation (2.1), we have
where       
are as stated in (2.11)-(2.13). In accordance with Theorem 2.2, it can be derived that
The Continuity Method of Solving Boundary Value Problem
Next, we discuss the modified Riemann-Hilbert boundary value problems (Problem 1 and Problem 2 ) for the nonlinear elliptic complex Equation (1.1) in the (N+1)-connected unbounded domain as stated in Section 1, here we use the Newton imbedding method of another form and give an error estimate, which is better than that as stated before. In the following, we only deal with Problem 1 , because by using the same method, Problem can be discussed. 
